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0.1. Main theorem
In the proof of [1, Theorem 1.5] there is an incorrect statement. First of all, the set X˜acα on p. 659
should be deﬁned as Jκ,κ Xacα , i.e., with κ = ι. Then it is claimed that the set π1(S) is Σ1-invariant.
However, it is not, and so we cannot apply the ergodic argument to conclude that π1(S) = Ωa .
Therefore, what we only know is that for every pair (ξ1, ξ2), with not both ξi = 0, there exists
a natural number κ such that Ωa = κπ1(S). Hence, we are not able to deduce density modulo 1
of λn1μ
m
1 ξ1 + λn2μm2 ξ2 but only of the expression multiplied by κ , namely λn1μm1 κξ1 + λn2μm2 κξ2.
Hence the corrected version of [1, Theorem 1.5] is as follows.
Theorem 0.1. (See [1, Theorem 1.5].) Let λ1 , μ1 and λ2 , μ2 be two distinct pairs of multiplicatively indepen-
dent algebraic numbers of degree 2. Assume that
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2880 R. Urban / Journal of Number Theory 129 (2009) 2879–2881(i) |λi |, |μi| > 1, i = 1,2, and the absolute values of their conjugates, λ˜i , μ˜i are also greater than 1;
(ii) μi = gi(λi) for some gi ∈ Q[x], i = 1,2;
(iii) at least one element in each pair λi , μi has all non-negative powers irrational.
Let S = {∞, p1, p2, . . . , ps}, where for k = 1, . . . , s, pk  2 are the primes appearing in the denominators of
the coeﬃcients of g1, g2 ∈ Q[x], and the minimal polynomials Pλ1 , Pλ2 ∈ Q[x] of λ1 and λ2 .
Assume further that
(iv) there exist k, l,k′, l′ ∈ N such that
min
p∈S
(
min
{|λ2|kp|μ2|lp, |λ˜2|kp|μ˜2|lp})> max
p∈S
(
max
{|λ1|kp|μ1|lp, |λ˜1|kp|μ˜1|lp})
and
min
p∈S
(
min
{|λ1|k′p |μ1|l′p, |λ˜1|k′p |μ˜1|l′p})> max
p∈S
(
max
{|λ2|k′p |μ2|l′p, |λ˜2|k′p |μ˜2|l′p}),
where | · |p is the p-adic norm, whereas | · |∞ stands for the usual absolute value, and
min
{|λi|p, |μi |p, |λ˜i |p, |μ˜i |p: i = 1,2, p ∈ S}> 1.
Then for any pair of real numbers ξ1 , ξ2 , with at least one ξi non-zero, there exists a natural number κ such
that the set
{
λn1μ
m
1 κξ1 + λn2μm2 κξ2: n,m ∈ N
}
(0.2)
is dense modulo 1.
0.2. Proposition 4.5
There are some mistakes in the proof of [1, Proposition 4.5]. For example, we cannot assume (4.11)
in [1] because multiplying by the matrix
( q1Id 0
0 q2Id
)
we can produce other rational points on the axes.
Hence, some modiﬁcation of the argument is required. In particular, we have to construct a sequence
of points on the axes, not just one.
Therefore, the following modiﬁcations of the proof of [1, Proposition 4.5] are required.
• The inequality (4.9) should be replaced by
ρp j ,2‖y‖p j ,2  ‖m2 y‖p j ,2  ρ ′p j ,2‖y‖p j ,2.
• p. 65512 should be: “. . . is either empty, contains ﬁnitely many torsion elements or . . . .”
• p. 65510 the sentence: “Then, by removing . . .” must be deleted.
• (4.21) should consist of 2 inequalities. The second should be
d2
Ω2a
(
ml2(yn + B),0
)

(
max
p∈S ρp,2
)l
dΩ2a (yn + B,0). (0.3)
• The lines 7–14 on p. 657 should be put just after the proof of Lemma 4.14 and just after that
the following should be added: “Fix r ∈ N such that 1
(maxp∈S ρp,2)r 
γ
2 . Since ‖yn‖Q2a → 0 we may
suppose that ‖yn‖Q2a  ε2 and dΩ2a (yn + B,0) 1(maxp∈S ρp,2)r .”
• 6571 delete “Let U = {. . .}.” and then write “By Lemma 4.14 and (0.3) . . . .”
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Ω2a
(mln2 (yn + B),0) /∈ U should be 1(maxp∈S ρp,2)r+1  d
2
Ω2a
(mln2 (yn + B),0) 
1
(maxp∈S ρp,2)r .
• 6576 instead of “i.e., y /∈ B” should be
and
1
(maxp∈S ρp,2)r+1
 d2
Ω2a
(y+ B,0) 1
(maxp∈S ρp,2)r
.
• 6582 write yr instead of y.
• 6583 instead of “This contradicts (4.11)” write “and 1
(maxp∈S ρp,2)r+1
 d2
Ω2a
(yr + B,0) 1(maxp∈S ρp,2)r .
Repeating the previous construction for r → ∞ we get a sequence of different points (B,yr + B) ⊂
({0} × Ω2a ) ∩ Xacα tending to zero. This contradicts (4.11).”• 6588 should be replaced by
ρp j ,1‖x‖ j j ,1  ‖m1x‖p j ,1  ρ ′p j ,1‖x‖p j ,1.
• 6584 write xr instead of x.
• 6583 instead of “This contradicts (4.11)” write “and 1(maxp∈S ρp,1)r+1  d
2
Ω2a
(xr + B,0) 1(maxp∈S ρp,1)r .
Repeating the previous construction for r → ∞ we get a sequence of different points lying in
Ω2a × {0} and tending to zero. This contradicts (4.11).”
0.3. Some other misprints
In the statement of Lemma 3.2 it should be Ωda instead of Ω
2
a . Moreover, the equivalence in the
displayed formula should be modulo qZ[1/a]. In the proof of Lemma 3.2 write “we conclude that
det σ˜ is invertible in the ring Z[1/a]/qZ[1/a]” instead of “we conclude that det σ˜ 	= 0.”
References
[1] R. Urban, Algebraic numbers and density modulo 1, J. Number Theory 128 (3) (2008) 645–661.
